
Îòâåò íà çàìå÷àíèÿ ðåöåíçåíòà.

Ïðåæäå âñåãî àâòîðû âûðàæàþò áëàãîäàðíîñòü ðåöåíçåíòó çà óêàçàííûå íåÿñíî-
ñòè è îïå÷àòêè, çàïóòûâàþùèå ÷èòàòåëÿ.

Î ìîòèâàöèè ðàáîòû. Èçó÷åíèå êîàëèöèé è òîòàëüíûõ êîàëèöèé â ãðàôàõ íà÷à-
ëîñü òîëüêî íåñêîëüêî ëåò íàçàä è ÿâëÿåòñÿ ñåé÷àñ äîâîëüíî èíòåíñèâíî ðàçâèâàå-
ìûì íàïðàâëåíèåì, ÷òî ïðîÿâëÿåòñÿ â êîíêóðåíöèè èññëåäîâàòåëüñêèõ ãðóïï. Èç-
âåñòíî, ÷òî âñå ïðîñòûå öèêëû ïîðÿäêà áîëåå 3 ïîðîæäàþò 26 ãðàôîâ êîàëèöèé, à
öèêë C3k ÿâëÿåòñÿ óíèâåðñàëüíûì äëÿ ëþáîãî k ≥ 5, ò.å. îäèí ïîðîæäàåò âñå 26
ãðàôîâ êîàëèöèé. Íàì áûëî èíòåðåñíî óçíàòü êàê èçìåíèòñÿ ìíîæåñòâî ãðàôîâ êîà-
ëèöèé ïðè óñèëåíèè äîìèíèðîâàíèÿ, è áóäóò ëè ñóùåñòâîâàòü â ýòîì ñëó÷àå óíèâåð-
ñàëüíûå öèêëû. Íàñêîëüêî çíàþò àâòîðû, ïðåäñòàâëåííàÿ ðàáîòà ÿâëÿåòñÿ ïåðâûì
èññëåäîâàíèåì ïî ãðàôàì êîàëèöèé äëÿ òîòàëüíîãî äîìèíèðîâàíèÿ.

Äàëåå äàíû îòâåòû íà çàìå÷àíèÿ ðåöåíçåíòà, òðåáóþùèå ïîÿñíåíèé èëè èñïðàâ-
ëåíèé.

Çàìå÷àíèå. 1) (146, 10-14). "A path is called a universal total coalition path if its
total coalition partitions dene all possible total coalition graphs of cycles." Êàæåòñÿ, â
îïðåäåëåíèÿõ 1 è 2 ïåðåïóòàíû ïóòü è öèêë - â ïåðâîì îïðåäåëåíèè äîëæíî áûòü
äâà ðàçà "path â âî âòîðîì - äâà ðàçà "cycle à íå òàê êàê íàïèñàíî.

Îòâåò. Èñïðàâëåíî.

Çàìå÷àíèå. 2) (146, - 10). Theorem 1 shows that the order of a total coalition graphs
of the cycle Pn is at most 4 for n ≥ 4. Òóò íàâåðíÿêà äîëæíî áûòü cycle Cn âìåñòî Pn.

Îòâåò. Èñïðàâëåíî.

Çàìå÷àíèå. 3) (147, 10). "while the sets V1 and V2 do not form a total coalition."Äëÿ
n = 5 ýòî óòâåðæäåíèå íåâåðíî, è êàê ðàç îáðàçóþò V1 è V2 òîòàëüíóþ êîàëèöèþ.
Íàäî ëèáî â òåîðåìå íàïèñàòü, ÷òî n > 5, ëèáî ïðèäóìàòü äðóãèå ìíîæåñòâà.

Îòâåò. ×òîáû âêëþ÷èòü ñëó÷àé n = 5, êîàëèöèîííîå ðàçáèåíèå â ñòàòüå èçìåíåíî
íà ñëåäóþùåå: "V1 = {v1}, V2 = {v3}, and V3 = {v2, v4, v5, . . . , vn}."

Çàìå÷àíèå. 4) (147, -7). Ñëó÷àé n êðàòíî 4 â äîêàçàòåëüñòâå Ïðåäëîæåíèÿ 1 íå
ðàññìîòðåí. À íàäî ðàññìîòðåòü è åãî.

Îòâåò. Äîáàâëåíû ýòîò ñëó÷àé äëÿ n è ñîîòâåòñòâóþùèé ïîÿñíÿþùèé ðèñóíîê:
"Case 4. Let n ≡ 0 (mod 4). We can take the following partition of vertices: V1 =

∪(n−4)/4
i=1 {v4i−3, v4i−2} ∪ {vn−3}, V2 = ∪(n−4)/4

i=1 {v4i−1, v4i} ∪ {vn}, and V3 = {vn−2, vn−1}."

Çàìå÷àíèå. 5) (147, -4). "In the following, for a coalition partition {V1, V2, ..., Vk}, we
will label all vertices of the set Vi with integers i for all i = 1, 2, ..., k." Ñìûñë ýòî ôðàçû
îñòàëñÿ äëÿ ðåöåíçåíòà íåïîíÿòíûì.
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Îòâåò. Ýòî íåóäà÷íîå ïðåäëîæåíèå óäàëåíî. Â äîêàçàòåëüñòâî Proposition 2 âñòàâ-
ëåíî ïîÿñíåíèå î òîì, ÷òî íà ðèñ. 2 ÷èñëà ðÿäîì ñ âåðøèíàìè åñòü íîìåðà êëàññîâ
êîàëèöèîííîãî ðàçáèåíèÿ: "For an illustration, the vertex numbering of C4k and indices
of the corresponding partition sets of π are shown in Fig. 2."

Çàìå÷àíèå. 6) (148, 7). Ðàññìàòðèâàåìîå ðàçáèåíèå, êàæåòñÿ, íå îáðàçóåò 2K2, à
îáðàçóåò êîàëèöèîííûé ãðàô P4. Íàïðèìåð V1 ∪ V4 è V2 ∪ V3 íå îáðàçóþò êîàëèöèþ,
à êàê ðàç V1∪V3 è V2∪V4 � îáðàçóþò, ÷òî ëåãêî âèäåòü íà êàðòèíêå ñ 8-óãîëüíèêîì.

Îòâåò. Ýòî 2K2. Ñäåëàíî ñëåäóþùåå ïîÿñíåíèå: "... in which only pairs V1, V3 and
V2, V4 form total coalitions (see Fig. 3). Indeed, V2 ∪ V3 and V3 ∪ V4 are not dominating
sets, while V1 ∪ V2 and V1 ∪ V4 are not total dominating sets."

Çàìå÷àíèå. 7) (149, 1). Â àáçàöå ïðî P4 îïÿòü åñòü îøèáêè � ïåðåïóòàíû V1∪V4 è
V2∪V4 (ñòðîêè 4 è 5). Íî òóò ìû äåéñòâèòåëüíî ïîëó÷àåì P4, à âîò ãäå ìû ïîëó÷èëè
2K2, ÿ íå óâèäåë.

Îòâåò. Èñïðàâëåíî: "It is clear that pairs {V1, V3}, {V1, V4}, and {V2, V3} form total
coalitions, while V1 ∪ V2, V2 ∪ V4, and V3 ∪ V4 are not dominating sets."

Áûë èñïðàâëåí ðÿä äðóãèõ îïå÷àòîê è ñäåëàíû ìíîãî÷èñëåííûå èñïðàâëåíèÿ â
àíãëèéñêîì òåêñòå. Äëÿ áîëåå ÿñíîãî èçëîæåíèÿ èçìåíåíû èëëþñòðàöèè, â êîòîðûõ
ñòàë èñïîëüçîâàòüñÿ öâåò.

À.À. Äîáðûíèí
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